We consider the functional inequality
Let X be a linear space over R, D C X be a convex set and r G (0,1) be fixed. A function / : D -» M is said to be r-affine if it satisfies (1) f
(rx + (1 -r)y) = rf(x) + (1 -r)f(y), x,y G D.
Clearly, if / is r-affine with some r € (0,1) then (2) 
min{/(aO, f(y)} < f(rx + (1 -r)y) < max{f(x), f(y)}, x,y e D.
Functions /:£)-> R satisfying (2) will be called r-quasiaffine. The case r = 5 was originally investigated by Marcus [2] . It has been shown by Nikodem and Pales [3] that, under some regularity assumptions, any solution of (2) with r = is of the form f = g o a, where a : X -> M is an additive function and g : R -> R is monotone.
The aim of this paper is to give the factorization of r-quasiaffine functions with some r G (0,1), analogous to result obtained in [3] .
Examples given in [3] show that even in the case r = ^ some additional assumptions for the domain and some regular conditions on / are required. Now we give some definitions. Let X be a linear space over R, D C X be a convex set and r G (0,1) be fixed.
then / is called a strongly r-quasiaffine. 
for x,y € D will be called strictly r-quasiaffine.
Of course, a function / : D -> R is strictly r-quasiaffine if and only if it is r-quasiaffine and strongly r-quasiaffine simultaneously.
Note that if / is a strictly r-quasiaffine that it is also strongly r-quasiaffine and r-quasiaffine, while an r-quasiaffine function (strongly r-quasiaffine) need not to be a strictly r-quasiaffine. We start with the lemma being an analogue to Theorem 1 contained in [3] . 
Proof. Fix s,z € D such that f(s) ^ f(z)
and assume that / is strongly ^-quasiaffine. We show by induction that
The case n = 1 is obvious. Fix n G N. Assume (3) holds for all rational numbers of the form d = where me N and 0 < m < 2 n . Fix 0 < k < 2 n+1 . We distinguish two cases. Proof. Assume that f(x) = f(y) for some x,y € X. It is enough to show that f(^) = f (:r). For indirect proof assume that ^ f(x). We distinguish two cases. Since f(x) = f(y) < f(^j^) and z = -^-we get from the assumption that f is strongly -quasiaffine
We will show now that inequality
holds true. Since z = by (6) and strong ^-quasiaffinity of function /, we get
Assume that (8) takes place. Since y = -^-and /(^f 2 ) > f(y) = /(z), we obtain contradiction with strong ^-quasiaffinity of /.
Finally from (6) and (7) we get Since (12) and / is strongly ^-quasiaffine we get
If (13) holds then taking into account (12) and f(y) > /(^) = f(u), we get a contradiction as in the case 1.
Assume now that (14) holds. Since and / is strongly ^-quasiaffine we obtain f(v) -f(y). This equality, (14) and (15) give a contradiction as in the case 1. That ends an analysis of case 2.
• THEOREM 
Let X be a real linear space and let r G (0,1) be fixed. Assume that f : X -+ R is strictly r-quasiaffine and Q-radially upper semicontinuous function. Then f is strictly quasiaffine.
Proof. Fix r G (0,1). The case when / is constant is obvious. Assume that / is nonconstant, strictly r-quasiaffine and Q-radially upper semicontinuous function. By Lemma 2 it is enough to show that / is strongly ^-quasiaffine. Fix x,y E X such that f(x) / /(y). Taking into account that Analogously we show that
Finally we get (16) min{/(x), f(y)} < f < max{/(:r), f(y)}. .
The following Theorem has been proved in [3] . 
THEOREM 2 (K. Nikodem, Zs. Pales). Let f : X -> R be a nonconstant function. Then f is a strictly quasiaffine and Q-radially upper semicontinuous function if and only if it can be represented in the form

(t) = g^j (t € R).
The following Theorem 3 is a simply consequence of Theorem 1 and Theorem 2. The above equality and the assumption that k, I G (0,1) imply that / is strictly fc-quasiaffine. Function / is additive so it is also Q-radially upper semicontinuous. We get from Theorem 3 that / is of the form / = goa, where a : X -y M is an additive function and g : R -> R is upper semicontinuous strictly increasing function. Now, we show that a is not M^-affine. For an indirect proof assume that a: is Mfc-affine. From the uniqueness of the representation (understand as in and since / is nonconstant and I ^ k we obtain a contradiction.
•
